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Title: The distribution of k-tuples of reduced residues
Abstract: Let q be a natural number, and write P = ϕ(q)/q, that is P is
the probability that a randomly chosen integer is relatively prime to q. Let
1 = a1 < a2 < · · · < aφ(q) < q be the reduced residues mod q (integers
co-prime to q in increasing order). A quantity of central interest is

Vγ(q) =

φ(q)∑
i=1

(ai+1 − ai)
γ.

In 1940, Erdős conjectured that Vγ(q)� qP 1−γ. Let

D = {h1, h2, · · · , hs}
be an admissible set. We call a + h1, . . . , a + hs an s-tuple of reduced
residues, if each of these numbers is co-prime with q. Study of s-tuples
of reduced residues is an analogue to the study of s-tuples of primes. In
this talk we prove estimates about the distribution of s-tuples of reduced
residues and finally we prove an extension of Erdős’s conjecture for s-tuples:

V Dγ (q) :=
∑
ai<q

(ai+1 − ai)
γ � qP−s(γ−1),

where the sum runs over the integers 1 = a1 < a2 < · · · < q for which
ai + h1, . . . , ai + hs is an s-tuple of reduced residues.
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